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Abstract: Neural networks can be used in various subjects, such as the discovery of
relationships, identification, system modelling, optimization and nonlinear pattern
recognition. One of the interesting applications of this algorithm is heat transfer
estimation between contacting surfaces. In the current investigation, a comparison
study is done for temperature transfer function estimation between contacting
surfaces using Group Method of Data Handling (GMDH) neural networks and
ANFIS (Adaptive Neuro Fuzzy Inference System) algorithm. Different algorithms
are trained and tested by means of input–output data set taken from the experimental
study and the inverse solution using the Conjugate Gradient Method (CGM) with
the adjoint problem. Eventually, the optimal model has been chosen based on the
common error criteria of root mean square error. According to the obtained results
among different models, ANFIS with gaussmf membership function has the best
algorithm for identification of TCC between two contacting surfaces with 0.1283
error. Also, the inverse method has the lowest error for thermal contact conductance
estimation between fixed contacting surfaces with root mean square error of 0.211.
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INTRODUCTION

Exact estimation of thermal contact conductance has
been become a significant issue in the critical
engineering applications such as major fields like
cooling purposes in nuclear reactors and spaceship heat
transfer management and other fields including
electronic packaging, heat exchangers, gas turbines,
machine tools, internal combustion engines particularly
between exhaust valve and its seat, metal forming and
forging applications [1-7]. Because of the undeniable
role of thermal contact resistance in various modern
industries, many investigations in recent years have been
done around this issue. However, the exact computation
of TCC between two contacting surfaces is still a major
complicated problem. The material and geometry of two
contacting solids, the fractions of contacting surface,
heat conduction of two contacting materials, the
interface medium filling material, contacting pressure,
and heat flux are the most important effective parameters
on TCC [8-9]. Modelling and system identification is
one of the most helpful methods that can be applied in
many fields to identify unknown complex systems from
input-output data [17]. One of the fields that system
identification can be applied, is estimating the
temperature transfer function or thermal contact among
flat-flat and curvilinear contacts [18].
Thermal contact conductance approximation (TCC)
between flat-flat contacts under different conditions and
parameters have been investigated broadly during recent
years. [4-10]. Different methods have been proposed in
order to estimate thermal contact conductance between
flat and curvilinear contacts. To illustrate, the lumped
parameter method, a transient non-contact manner, has
been proposed to determine TCR between two
contacting solids [11]. Kumar et al. studied
experimentally TCC for cylindrical contacts.
Furthermore, a new method according to the MonteCarlo simulation model, grew for flat conforming
surfaces in touch. This method was rectified and
developed to estimate TCC among curvilinear surfaces
[12].
In addition, Kumar et al. investigated experimental
thermal contact conductance in steady state condition
among curvilinear contacts using liquid crystal
thermography. They presented steady state thermal
contact conductance analysis on two solid bodies of
brass, carrying flat and curvilinear contact combinations,
under variable loading conditions. They used liquid
crystal thermography (LCT) to determine the TCC for
varieties configurations [13]. Increasingly, McGee et al.
studied experimentally thermal resistance of cylinderflat contacts according to theoretical analysis and
experimental investigations of a line-contact model.
Also, the effect of contact pressure on thermal contact
conductance was investigated [14]. Meanwhile, Asif et
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al. studied the relation of TCC for a flat metal contact in
a vacuum. Various heat transfer experiments were
performed in a vacuum ambience to discover solid spot
contact conductance for aforementioned copper, brass,
and stainless steel contacts with several surface
roughness.
Finally, a particular relation for TCC was offered for
different materials [15]. Moreover, a kind of thermal
joint resistance modelling for sphere-flat contacts in a
vacuum condition was studied by Bahrami. In this
regard, a new method was chosen to consider thermal
joint resistance and finally a model was suggested which
was able to predict the TCR of conforming rough
contacts using scale analysis methods [16]. According to
the literature review, available theoretical and numerical
models are unable to predict thermal contact
conductance (TCC) accurately for the majority of the
other impressive parameters, so experiments are mostly
used for this purpose.
Some scholars have applied traditional back propagation
neural (BPN) network for determination of contact heat
transfer rate. Based on the outcomes, the LM algorithm
supplies the most appropriate performance [19].
Motahari-Nezhad et al. applied an Adaptive NeuroFuzzy Inference System (ANFIS) model for prediction
of thermal contact conductance between the exhaust
valve and its seat. In their paper, the capabilities of the
ANFIS method has been studied for estimating heat
transfer rate between the exhaust valve and its seat. It is
shown that the ANFIS architecture estimates the heat
transfer rate between the exhaust valve and its seat very
accurately [20].
By literature review it is shown that the Group Method
of Data Handling (GMDH) method that uses
evolutionary methods for system identification, has not
been used for thermal contact identification yet [21-23].
Also, there are a few studies on the application of ANFIS
(adaptive neuro fuzzy inference system) for thermal
contact estimation. For the first time, a comparison of
GMDH and ANFIS methods for TCC estimation
between fixed contacts are presented in the present
study. In this study, firstly, GMDH method is used to
identify a system of multi-input-single-output data pairs
of TCC experiment. Then, the ANFIS method is used for
the same problem and two algorithms are compared. The
primary aim of the study is to estimate the TCC between
fixed contacting surfaces using these two algorithms
according to the achieved data from the experimental
investigation and the inverse method. The structure of
GMDH-type networks and ANFIS method is
investigated and the most efficient structure is chosen.
The temperature of the fixed contacting surfaces is used
from an experimental investigation.
Furthermore, the thermal contact conductance is
calculated by applying the inverse method. Afterwards,
the obtained data is considered as input and output
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parameters to the present methods. Firstly, the transient
heat conduction problem has been solved by using the
continuous-time GMDH network and ANFIS method
and the accuracy of the two methods has been compared
with each other. The acquired model can be used at the
contact surfaces for heat transfer rate estimation.
Fig. 2
2

Schematic of flat-flat contacting surfaces [27].

EXPERIMENTAL PROCEDURE

In this study, an experimental setup has been considered
and the actual data is taken from a thermal contact
conductance experiment conducted by Shojaeefard et al.
[27] as an input-output data set. The experimental test
setup consists of two contacting rods. The experimental
setup is shown in “Fig. 1” and it consists of two test rods,
with one of the non-contacting ends located in an icewater reservoir. Constant heat flux was imposed on the
non-contacting end of the other rod. The surfaces of the
adjacent ends were brought into contact. The data was
measured using thermocouples inserted in the hot
specimen and cold specimen. The measured contact
surface temperatures of cold (Tc1) and hot (Tc2)
specimen during operation condition is used for
determining thermal contact conductance between the
two contacting surfaces. The properties of the specimens
and detailed description of the experiment can be found
in [27].

Fig. 3

3

Contacting surface temperatures [27].

PROBLEM FORMULATION

In this study, as it was mentioned, the TCC between
fixed contacting surfaces is estimated using GMDH and
ANFIS algorithm based on the data calculated from the
inverse method. As it has been shown in “Fig. 2”, in the
present study, the basic geometry of the problem and the
coordinate system for the one dimensional problem is
assumed. Two contacting surfaces are in contact with a
TCC of hc (t) at the interface. Constant temperatures and
constant heat flux are governed at one side of the down
sample and at the end of the upper specimen respectively
[27]. Heat transfer equations between two contacting
specimens are expressed as follows:
For upper specimen:
∂2 Tup

Fig. 1

The test setup [27].

Also, the schematic of flat-flat contacting surfaces is
shown in “Fig. 2". The inverse heat transfer problem is
used to estimate the TCC between surfaces.
Experimental data of contacting surfaces temperatures
which has been taken by thermocouples inserted in two
contacting specimens are considered as input data for
simulation. Figure 3 shows the contacting surface
temperatures [27].
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(4)
𝑘𝑢𝑝

𝜕𝑥

© 2019 IAU, Majlesi Branch

Int J Advanced Design and Manufacturing Technology, Vol. 12/ No. 2/ June – 2019

94
For down specimen:
𝜕2 𝑇𝑑𝑜𝑤𝑛
𝜕𝑥 2

=

1

𝜕𝑇𝑑𝑜𝑤𝑛

𝛼𝑑𝑜𝑤𝑛

𝜕𝑡

𝑖𝑛 0 < 𝑥 < 𝐿1 𝑓𝑜𝑟 𝑡 > 0 (5)

𝑇𝑑𝑜𝑤𝑛 = 𝑇0 𝑎𝑡 𝑥 = 0𝑓𝑜𝑟 𝑡 > 0

(6)

𝜕𝑇

𝑘𝑑𝑜𝑤𝑛 𝑑𝑜𝑤𝑛 = ℎ𝑐 (𝑡)[𝑇𝑢𝑝 − 𝑇𝑑𝑜𝑤𝑛 ] 𝑎𝑡 𝑥 =
𝜕𝑥
𝐿1 𝑓𝑜𝑟 𝑡 > 0

(7)

𝑇𝑑𝑜𝑤𝑛 (𝑥, 0) = 𝑇𝑖

(8)

3.1. Inverse Method
In the inverse method, all parameters except thermal
contact conductance, ℎc, are known in this problem. The
temperature of the considered points in the two
mentioned samples will be calculated by solving the
inverse problem. Figure 2 shows the location of
thermocouples inserted in the two specimens. The
measurements are done at different times i (i=1, 2,…,I).
Suppose N1 and N2 are the numbers of thermocouples
which are located on two specimens. Then, the
temperatures are calculated as:
𝑌1𝑗 (𝑡) = 𝑌1𝑗 , 𝑗 = 1,2,3, … , 𝑁1

(9)

𝑌2𝑘 (𝑡) = 𝑌2𝑘 , 𝑘 = 1,2,3, … , 𝑁2

(10)

Considering the inverse method, it is regarded that the
previous data about the TCC and ℎc (t) amounts have not
been clarified. Consequently, the amount of ℎc (t) in a
period of time is desired. Also, it is supposed that ℎc (t)
belongs to the Hilbert space of square integrable
functions as:
𝑡

∫0 𝑓[ℎ𝑐 (𝑡)]2 𝑑𝑡 < ∞

Where q represents the heat fluxes average among two
mentioned samples and also ∆T presents the temperature
drop in the interface that is measured by extrapolation of
temperature profiles of each contact surfaces [27].
3.3. GMDH-type Networks
Neural networks are defined as a stage of generalized
nonlinear models which affected by numerous
investigations of the human brain. One of the most
important points of the mentioned method is that it will
be able to estimate all nonlinear functions to any degrees
of accuracy with a proper number of hidden units [28].
The GMDH-type neural networks which include
multilayered neural network architectures [29-31] are
able to form the neural network design spontaneously by
applying a heuristic self-organization method and the
main parameters like, number of layers, useful input
variables, number of neurons in a hidden layer and
optimized design of the neurons in a hidden layer [3234]. Heuristic self-organization method is categorized as
an evolutional calculation.
GMDH algorithm has been introduced by Ivakhnenko
[35-36] for modelling complex systems as a learning
method. It has a multi-layered and forwards network
structure. Each layer is composed of one or more
processor units, which each has two inputs and one
output. The units that play the role of model components
are considered in the form of a 2-D polynomial as
followings:
𝑧 = 𝑎0 + 𝑎1 𝑥1 + 𝑎2 𝑥2 + 𝑎3 𝑥1 𝑥2 + 𝑎4 𝑥12 + 𝑎5 𝑥22

(14)

𝑥1 and 𝑥2 are inputs, z is output, 𝑎𝑖 are the coefficients.
The structure of a 3 layers GMDH model including 4inputs has been shown in “Fig. 4”.

(11)

The inverse method is solved upon minimization of the
Equation (12).
𝑁

𝑁

1
2
𝑆[ℎ𝑐 (𝑡)] = ∑𝑗=1
(𝑇1𝑗 − 𝑌1𝑗 )2 + ∑𝑘=1
(𝑇2𝑘 − 𝑌2𝑘 )2 (12)

Where 𝑇1𝑗 and 𝑇2𝑘 represent the approximated
temperatures in the mentioned samples, respectively.
The details of the conjugate gradient method with the
Adjoint problem is available in Ref. [24-26].
3.2. The Extrapolation Method
This method is applied for inverse method validation
which is used to measure TCC according to the
temperature difference and heat flux between contacting
surfaces. The TCC in this method is calculated as:
ℎ𝑐 =

𝑞
∆𝑇
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(13)

Fig. 4

The neural networks structure of a 3-layer GMDH
model.

To start with the GMDH algorithm, two problems exist:
1- recognizing the relationship between the output
variables based on the input variables of 𝑥𝑖 .
2- The prediction of y for known values of 𝑥𝑖 . In another
word, we need to recognize the relationship between the
variables (modelling). Then, the prediction of future
target variables according to the model will be possible.
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The identification problem is described as a method to
achieve a function 𝑓̂ which is able to be used
approximately rather actual one,𝑓, in order to predict
output 𝑦̂ for a given input vector 𝑋 = (𝑥1 , 𝑥2 , 𝑥3 , … , 𝑥𝑛 )
as close as possible to its real output 𝑦 [37-39]. GMDH
algorithm is a process for the production of a higher
order polynomial namely Volterra functional series
presented as follows:
𝑚
𝑚
𝑦 = 𝑎0 + ∑𝑚
𝑖=1 𝑎𝑖 𝑥𝑖 + ∑𝑖=1 ∑𝑗=1 𝑎𝑖𝑗 𝑥𝑖 𝑥𝑗 +
𝑚
𝑚
𝑚
∑𝑖=1 ∑𝑗=1 ∑𝑘=1 𝑎𝑖𝑗𝑘 𝑥𝑖 𝑥𝑗 𝑥𝑘 + 𝐾

(15)

This complex discrete form of the Volterra function is
represented by quadratic polynomials as follows:

yˆ  G( xi , x j )  a0  a1 xi  a2 x j  a3 xi2  a1 x 2j  a5 xi x j
(16)
Where 𝑎𝑖 are calculated by regression equations as the
discrepancy between the real output, y, and measured
output,𝑦̂, for each of 𝑥𝑖 and 𝑥𝑗 as input variables become
minimized [34-36]. As a reformulation, each quadratic
function coefficients are measured to fit the output in the
entire set of input-output data. It is shown as:
𝑟2 =

∑𝑀
̂)2
𝑖=1(𝑦𝑖 −𝑦
2
∑𝑀
𝑖=1 𝑦𝑖

→ 𝑚𝑖𝑛.

(17)

By GMDH algorithm method, the whole binary
compounds have been formed from 'n' input variables.
Additionally, unknown coefficients of whole neurons
are achieved using the least squares method.
𝑛(𝑛−1)
Consequently, (𝑛2) =
neurons are made in the
2
second layer that it can be demonstrated as [34-36]:
{(𝑦𝑖 , 𝑥𝑖𝑝 , 𝑥𝑖𝑞 )│(𝑖 = 1,2, … , 𝑀) & 𝑝, 𝑞 ∊ (1,2, … , 𝑀)}
(18)
Using from the quadratic function of Eq. (18) for all of
the M data triples, these equations will be represented in
the matrix form as [34-36]:
𝐴𝑎 = 𝑌

(19)

Where 'a' is unknown coefficients of the quadratic
equation, such as [34-36]:
𝑎 = {𝑎0 , 𝑎1 , … , 𝑎5 }

(20)

And:
𝑌 = {𝑦1 , 𝑦2 , 𝑦3 , … , 𝑦𝑀 }𝑇

(21)

Where Y is vector of output’s value. Based on amount
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of input vectors, it is easily visible that:
1
1
𝐴=
⋮
[1

2
𝑥1𝑝 𝑥1𝑞 𝑥1𝑝
2
𝑥2𝑝 𝑥2𝑞 𝑥2𝑝
⋮
⋮
⋮
2
𝑥𝑀𝑝 𝑥𝑀𝑞 𝑥𝑀𝑝

2
𝑥1𝑞
𝑥1𝑝 𝑥1𝑞
2
𝑥2𝑞 𝑥2𝑝 𝑥2𝑞
⋮
⋮
2
𝑥𝑀𝑞
𝑥𝑀𝑝 𝑥𝑀𝑞 ]

(22)

Using the method of least squares, Eq. (19) will be
solved as [34-38]:
a = (AT A)−1 AT Y

(23)

Two methods are used for solving equation (19), which
are Solving Normal Equations (SNE) method and
Singular Value Decomposition (SVD) method. In the
SNE method, by solving normal equations, the vector of
the optimal coefficient of quadratic polynomials in
Eq. (19) is calculated as [34-38]:
a = (AT A)−1 AT Y

(24)

In SVD method, matrix 𝐴 ∊ 𝑅𝑁×6 is decomposed to the
product of three matrices: column orthogonal matrix of
U∊ 𝑅𝑁×6 , the diagonal matrix of 𝑊 ∊ 𝑅6×6 with nonnegative elements, and the orthogonal matrix of 𝑉 ∊
𝑅6×6 so that:
A = U. W. V T

(25)

Then the vector of optimized coefficients 'a' in equation
(20) is calculated as
1

a = V. [𝑑𝑖𝑎𝑔( )] . U T . Y
Wj

(26)

The use of SVD in the structure of the GMDH algorithm
is a factor to optimize the algorithm and enhance the
performance of GMDH method [31-33].
3.3.1. Designing the structure of GMDH-type networks
In the design of GMDH–type network, target is to
prevent the growth of divergence related to the network
and to link the network structure to one or more numeric
parameters which by changing of them, the network
structure will also be changed. Generally, in the design
of various structures of networks, two general issues are
considered:
1- Finding the number of layers and number of neurons in
each layer and providing a way to control and picking them
up.
2- Finding communication patterns of neurons with each
other and providing a way to create an optimal connection
between them.
Therefore, considering these two issues, we propose an
evolutionary design of neural networks as described
following:
© 2019 IAU, Majlesi Branch
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Pre-specified-network (PSD) method

In this method, the main parameters of the network
structure, including the layer and neuron numbers are
predetermined directly and completely optional with no
limits. The plan of this method is to select the main
parameters repeatedly and to create different structures,
so that the optimal parameters be identified. In fact, the
performance of this method is somewhat similar to the
practice of trial and error that the ideal structure of the
network is identified as the result of this practice. The
details of this method can be found in [34-36]. Structure
of GMDH-type network obtained by PSD is shown in
“Fig. 5”.

of hidden layers traversed, n˜, which is computed as 2n˜ .
It is also notable that chromosome 1212 2323 (not the
same as chromosome 1212 1323) is not valid and should
be rewritten as 1223. The crossover and mutation
genetic operators are utilized to induce two offsprings
from the parents.

Fig. 6

Fig. 5



Structure of GMDH-type network obtained by
PSD.

Design of Neural Network by Genetic
Algorithm

In this method, a genetic algorithm is used for neural
network convergence. Genetic algorithms (GAs) are
more efficient than traditional gradient methods and are
utilized to train neural networks with coefficients and
associated weights. Classical GMDH algorithm can be
in the form of a set of neurons, whereby in each layer
various neuron pairs are connected and associated with
a quadratic polynomial, thus creating new neurons in the
next layer. Therefore, it is possible to produce a simple
and novel encoding scheme applicable to the
evolutionary design of the generalized structure GMDH
(GS-GMDH) where the connectivity configuration is
not limited to adjacent layers. GS-GMDH encoding
scheme involves GA and two objective functions, i.e.
Training Error (TE) and Prediction Error (PE), and
presents accurate solutions. This kind of GMDH must
exhibit the ability to specify different sizes and lengths
of such neural networks. GS-GMDH is summarized
below. Neuron 14 in the first hidden layer is connected
to the output layer directly and passes to the second
layer. Hence, the output layer neuron is denoted by
12231414 (with 14 twice). In fact, a neuron 1223 in the
second hidden layer is used to induce output neuron
12231414 by constructing a virtual neuron 1414 created
in the second hidden layer (“Fig. 6ˮ).
If a neuron traverses many adjacent layers and connects
to another neuron in the next second, third, fourth or
following hidden layers, the above iteration takes place.
The number of neuron iterations depends on the number
© 2019 IAU, Majlesi Branch

GS-GMDH network chromosome structure.

The crossover of two chosen individuals, substitutes two
chromosomes’ tails by a random point selected
according to “Fig. 7ˮ. The building block information of
GS-GMDH can be substituted by crossovers, as seen in
“Fig. 8”. Different length of chromosomes created via
such crossover operation lead to varying GS-GMDH
network structure sizes. The population diversity is
related to the mutation operation, which is easily
substituted by different chromosome genes to other
possible symbols, e.g. 12231414 to 12233414. These
operations are repeated until a valid chromosome is
created.

Fig. 7

Crossover operation of two individuals in the GSGMDH model.

In the evolutionary design method, the limits caused by
setting the error as the criterion for determining network
structure is removed and the same chance to all neurons
for establishing the neural network is considered. In fact,
there will not be any restrictions on the establishment of
the network and all operations will be done randomly.
The only two criteria of the neuron numbers in the
network and the output error of the network are
considered for selection. Combining the genetic
algorithm into the GMDH-type neural networks
structure begins with organizing each network to a series
of alphabetical numerals linked together. The fitness,
(φ), of each whole series of representative numerals that
shows a GMDH-type neural network is measured as:

Int J Advanced Design and Manufacturing Technology, Vol. 12/ No. 2/ June – 2019
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(27)

Where E, the mean square of error (MSE), is minimized
through the progressive process by increasing the fitness
φ. The progressive process begins with accidentally
creating an initial population of symbolic numerals each
as a desired answer. Afterwards, the whole community
of symbolic numerals improves regularly. Figures 7 and
8 show the structure of GMDH-type network obtained
by Genetic>SNE and Genetic>SVD, respectively [3537].
Fig. 9

Fig. 8

Crossover operation in two GS-GMDH networks.

3.4. ANFIS Network
In neuro-fuzzy models, a network structure
compromises fuzzy if-then rules are used to represent
systems and these models apply algorithms from the area
of neural networks. The adaptive network based fuzzy
inference system, which is a fuzzy inference system and
first proposed by Jang [43], produces a Fuzzy Inference
System (FIS) by means of a given input/output data set.
The membership function parameters of FIS are adjusted
by either a back-propagation algorithm solely, or using
a combination of back-propagation algorithm and a
method of least squares type [44]. For describing the
ANFIS architecture, the system with two inputs (x1 and
x2), two fuzzy if then rules based on Takagi and
Sugeno’s type [44] and one output (y) are considered as
follows:

Structure of ANFIS.

It is constructed from 5 layers. The firs layer is the input
layer and contains adaptive nodes and every node in this
layer is a square node. Every node in the second layer is
a fixed square node demonstrated by a circle and labeled
Π which multiplies the input signals and produces the
output. Every node in layer 3 is a fixed node, marked by
a square and labeled N. The itℎ node calculates the ratio
of the itℎ rule’s firing strength to the sum of all rules’
firing strengths [45]. The consequence is produced in
layer 4. Every node in this layer is an adaptive square
node. The fifth layer is the summation layer. It
compromises a single fixed node labeled ∑, which sums
up all of the input signals and computes the overall
output.
3.4.1. Membership Functions
A Membership Function (MF) is a curve that determines
how each point in the input space is mapped to a
membership value (or degree of membership) between 0
and 1. Different membership functions are construct base
on several basic functions: piecewise linear functions, the
Gaussian distribution function, the sigmoid curve, and
quadratic and cubic polynomial curves. Different input
membership functions for ANFIS and their purpose that
have been used in this study are shown in “Fig. 10” and
also are tabulated in “Table 1ˮ [27-28].

Rule 1: If (x1 is A1) and (x2 is B1) then 𝑓1 = 𝑝1 𝑥1 +
𝑞1 𝑥2 + 𝑟1
(28)
Rule 2: If (x1 is A2) and (x2 is B2) then 𝑓2 = 𝑝2 𝑥1 +
𝑞2 𝑥2 + 𝑟2
(29)
Where A and B are the fuzzy sets, p, q and r are
consequent parameters of the model determined during
the training process. The architecture of ANFIS is shown
in “Fig. 9”.

Fig. 10

Membership functions: gauss2mf and gausmf.
Table 1 Input membership functions
Membership
Purpose
Functions
Two-sided Gaussian curve
gauss2mf
membership function.
gaussmf
Gaussian curve membership function.

© 2019 IAU, Majlesi Branch

Int J Advanced Design and Manufacturing Technology, Vol. 12/ No. 2/ June – 2019

98
4

RESULTS AND DISCUSSION

In the present study, the thermal contact conductance
approximation between two fixed contacting surfaces
using GMDH-type neural network and ANFIS method
with respect to the input data which are taken by using
the inverse method has been investigated. Two cases
have been considered for these purposes. In both cases,
using the experimental data, the temperatures of four
specified points in the hot specimen are considered as
input. In case one, using the experimental, the
temperature of one point on cold specimen is considered
as output (“Fig. 3”). Then, the network is trained based
on these set of input-output data and the best algorithm
is selected based on the root mean square error. In case
2, using the experimental data and the inverse method,
TCC of two contacting specimens is calculated and
considered as the output parameter. Again, the network
is trained and the best algorithm is chosen according to
the achieved results.
The performance of each two algorithms has been
compared according to the root mean square error. A
GMDH-type neural network with Genetic and PSD
structure is applied in this regard. Also, the ANFIS
algorithm with gaussmf and gauss2mf membership
functions are studied. The inverse method was used for
determining the TCC by applying the contact surface
temperatures of two fixed contacts (“Fig. 3”). The
experimental data and the inverse method are used to
calculate the TCC of two contacting specimens. Then,
for case 2 the calculated TCC is considered as the output
parameter. Afterwards, for case 2, the GMDH network
and ANFIS method are trained using the input-output
data. The algorithms are designed and the most
appropriate algorithm is chosen according to the
achieved results.
To determine the integrity and reliability of the proposed
models for estimating TCC and to evaluate the
performance of GMDH network and ANFIS method,
Root Mean Square Error (RMSE) is used, and expressed
as follows [38–42]:
𝑅𝑀𝑆𝐸 = √

∑𝑀
𝑖=0(𝑌𝑚𝑜𝑑𝑒𝑙 −𝑌𝑒𝑥𝑝 )

heat transfer rate estimation between fixed contacts and
it is reliable enough to be chosen as the most accurate
algorithm for thermal contact prediction among these
types of contacts.
Table 2 The errors and prediction accuracy of TCC for
different methods for the fixed contacts in case 1
Structure
RSME
GMDH>Genetic
0.2794
GMDH>PSD
0.2648
ANFIS>gaussmf
0.1283
ANFIS>gauss2mf
0.2983
Table 3 The errors and prediction accuracy for TCC for
different methods for the fixed contacts in case 2
Structure

RSME

GMDH>Genetic
GMDH>PSD
ANFIS>gaussmf
ANFIS>gauss2mf

0.3441
0.3007
0.2676
0.3932

The behaviour of GMDH-type and ANFIS network
when they were used for modelling experimental data in
conjunction with different algorithms for case 1 is
depicted in “Fig. 11”.

Fig. 11 Comparison of Experimental and Modelled data
obtained by different algorithms for fixed contacts for case 1.

2

𝑀

(30)

Where M is the number of observations, 𝑌𝑚𝑜𝑑𝑒𝑙 and 𝑌𝑒𝑥𝑝
are the modelled and experimental data respectively.
“Tables 2 & 3ˮ tabulate the prediction error of different
methods for case 1 and 2. As it has been shown, the
ANFIS algorithm with gaussmf membership function
produces the lowest error compared with other methods
for fixed contacts and the performance of ANFIS
algorithm with gaussmf membership function is
remarkably more powerful than other methods by
regarding the root mean squares of errors related to
different methods. So, it is precise enough to contact
© 2019 IAU, Majlesi Branch

Fig. 12 Comparison of Actual and Modelled data obtained
by different algorithms for fixed contacts for case 2.
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It can be seen that the ANFIS algorithm produces the
best results. Also, the behaviour of GMDH-type and
ANFIS network when it was used for modelling of the
experimental data in conjunction with different
algorithms for case 2 is depicted in “Fig. 12”. This
figures also show ANFIS proper accuracy with gaussmf
membership function.
Figure 13 shows root mean square error changes based
on time in inverse method and extrapolation method in
the prediction of thermal contact for fixed contacts. Also,
the root mean square error which was achieved from two
variant methods is shown in Table 4. According to “Fig.
13” and “Table 4ˮ, the error of the inverse method and
extrapolation method for thermal contact prediction
between fixed are 0.211 and 0.283, respectively. The
rate of errors shows that the inverse method produces
less error than the extrapolation method in TCC
estimation between fixed contacts. Also, from “Fig. 13”
it can be seen that the error for both inverse and
extrapolation methods increases over time.
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geometries of fixed contacting surfaces. Two different
models of GMDH networks and two different
membership functions of ANFIS algorithm were
suggested to predict the contact heat transfer between
fixed contacts. Two different cases also have been
considered. In both cases, using the experimental, the
temperature of two points on the hot specimen is
considered as input. In case 1, the temperature of the cold
specimen is considered as the algorithm output. For case
2, TCC obtained by inverse method is considered as
output. According to the results, the inverse method is
accurate enough to predict TCC between fixed contacts
with the root mean square error of 0.211. Also, it has
been shown that among the different models of GMDH
and ANFIS algorithms, ANFIS algorithm with gaussmf
membership function, makes the best algorithm for TCC
identification in fixed contacting surfaces. Meanwhile,
the computed Root Mean Square Error (RMSE) of the
ANFIS algorithm obtained by gaussmf membership
function compared with the experimental results for
fixed contact for case 1 and case 2 are 0.1283 and
0.2676, respectively. ANFIS network is an accurate and
powerful tool to identify the contact heat transfer
between fixed contacts. The proposed algorithm can be
used as an accurate method for the TCC approximation
between fixed contacts.

NOMENCLATURE

Fig. 13

The variation of RMSE versus time for different
methods for fixed contact.

Table 4 The root mean square error obtained from two
different method
Method
RMSE error
Inverse Method (CGM method)
0.211
Linear Extrapolation
0.283

5

CONCLUSION

Identification and prediction of TCC between fixed
contacts are two of the most important and crucial issues
to control the temperature rate in many industrial
applications. Because of this fact, it seems providing an
appropriate and accurate model with the ability to
estimate contact heat transfer rate between fixed
contacts is necessary and required. In the present study,
firstly, the TCC rate has been calculated by using the
inverse method. Then, the GMDH and ANFIS models
were presented to estimate the TCC between fixed
contacts acquired by benefiting empirical data on the

CGM
hc
k
q
T
R
x
RMSE
L
t
Y
T0
Ti
α
β
γ
λ

: Conjugate gradient method
: Thermal contact conductance
: Thermal conductivity
: Heat flux
: Temperature
: Result function
: Cartesian spatial coordinate
: Root mean square error
: Length
: Time
: Measured temperatures
: Constant temperature at x = 0 (K)
: Initial temperature (K)
: Thermal diffusivity
: Search step size
: Conjugation coefficient
: Lagrange multiplier satisfying the Adjoint
problem

REFERENCES

[1] Minges, M. L., Thermal Contact Resistance, WrightPatterson Air Force Base, A Review of the Literature,
Technical Report, 1, AFML-TR-65-375, Dayton, Ohio,
USA, 1966.

© 2019 IAU, Majlesi Branch

Int J Advanced Design and Manufacturing Technology, Vol. 12/ No. 2/ June – 2019

100

[2] Moore, C. J., Heat Transfer Across Surfaces, Ph.D.
Dissertation, Southern Methodist University, Dallas,
Texas, USA, 1967.

[3] Moore, C. J., Atkins, H., and Blum, H. A., Subject
Classiﬁcation Bibliography for Thermal Contact
Resistance Studies, ASME, Vol. 3, No. 68, 1968, pp. 1-5.

[4] Zhu, Z., Zhang, L., Zhang, C., Li, R., and Gu, S.,
Experimental Investigation of Transient Contact Heat
Transfer Between 300M and 5CrNiMo, International
Journal of Heat Mass Transfer, Vol. 5, No. 96, 2016, pp.
451–457.

[5] Tariq, A., Asif, M., Experimental Investigation of Thermal
Contact Conductance for Nominally Flat Metallic
Contact, Heat Mass Transfer, Vol. 2, No. 52, 2016, pp.
291–307.

[6] Ding, C., Wang, R., Thermal Contact Conductance of
Stainless Steel-GFRP Interface Under Vacuum
Environment, Experimental Thermal Fluid Science, Vol.
42, No. 31, 2012, pp. 1–5.

[7] Sponagle, B., Groulx, D., Measurement of Thermal

Thermal Energy Generation, Transport, Storage, and
Conversion, Vol. 29, No. 4, 2016.

[16] Bahrami, M., Modeling of Thermal Joint Resistance for
Sphere-Flat Contacts in a Vacuum, A Thesis Presented to
the University of Waterloo in Fulfillment of the Thesis
Requirement for the Degree of Doctor of Philosophy,
2004.

[17] Astrom, K. J., Eykhoff, P., System Identification, A
Survey, Automatica, Vol. 7, No. 3, 1971, pp. 123-126.

[18] Shojaeefard, M. H., Ghaffarpour, M., and Noorpoor, A.
R., Thermal Contact Analysis Using Identification
Method, Heat Transfer Engineering, Vol. 29, No. 1, 2008,
pp. 85–96.

[19] Goudarzi, K., Moosaei, A., and Gharaati, M., Applying
Artificial Neural Networks (ANN) to the Estimation of
Thermal Contact Conductance in the Exhaust Valve of
Internal Combustion Engine, Applied Thermal
Engineering, Vol. 3, No. 87, 2015, pp. 688-697.

[20] Motahari-Nezhad, M., Mazidi, S. M., An Adaptive Neuro-

Interface Conductance at Variable Clamping Pressures
Using a Steady State Method, Applied Thermal
Engineering, Vol. 96, No. 31, 2016, pp. 671–681.

Fuzzy Inference System (ANFIS) Model for Prediction of
Thermal Contact Conductance Between Exhaust Valve
and Its Seat, Applied Thermal Engineering, V. 105, No.
25, 2016, pp. 613-621.

[8] Rosochowska, M., Measurements of Thermal Contact

[21] Koza, J., Genetic Programming, On the Programming of

Conductance, Journal of Material Processing Technology,
Vol. 2, No. 135, 2002, pp. 204-210.

Computers by means of Natural Selection, MIT Press,
1992.

[9] Misra, P., Nagaraju, J., An Experimental Study to Show

[22] Iba, H., Kuita, T., Degaris, H., and Sator, T., System

the Effect of Thermal Stress on Thermal Contact
Conductance at Sub-Megapascal Contact Pressures,
Journal of Heat Transfer, Vol. 132, No. 9, 2010, pp. 94101.

Identification Using Structured Genetic Algorithms,
Proceeding of 5th International Conference on Genetic
Algorithms, ICGA’93, USA, 1993.

[10] Zhu, Z., Zhang, W. L., Wu, Q. K., and Gu, S. D., An
Experimental Investigation of Thermal Contact
Conductance of Hastelloy C-276 Based on Steady-State
Heat Flux Method, International Communication of Heat
Mass Transfer, Vol. 41, No. 3, 2013, pp. 63–67.

[11] Dongmei, B., Huanxin, C., and Ye. T., Influences of

[23] Porter, B., Nariman-Zadeh, N., Genetic Design of
Computed-Torque Controllers for Robotic Manipulators,
IASTED International Conference on Systems and
Control., Switzerland, 1994.

[24] Ozisik, M. N., Orlande, H. R. B., Inverse Heat Transfer:
Fundamentals and Applications, First ed, New York, 352
pages, 2000.

Temperature and Contact Pressure on Thermal Contact
Resistance at Interfaces at Cryogenic Temperatures,
Cryogenics, Vol. 52, No. 9, 2012, pp. 403-409.

[25] Alifanov, O. M., Inverse Heat Transfer Problems,

[12] Sunil Kumar, S., Abilash, P. M., and Ramamurthi, K.,

[26] Beck, J.V., Blackwell, B., Clair, and C. R. St, Inverse Heat

Thermal Contact Conductance for Cylindrical and
Spherical Contacts, Heat and Mass Transfer, Vol. 40, No.
9, 2004, pp. 679-688, DOI: 10.1007/s00231-003-0433-0.

[27] Shojaefard, M. H., Ghaffarpour, M., and Noorpoor, A. R.,

[13] Surya K., Tariq, A., Steady State Experimental
Investigation of Thermal Contact Conductance Between
Curvilinear
Contacts
Using
Liquid
Crystal
Thermography, International Journal of Thermal
Sciences, Vol. 6, No. 118, 2017, pp. 53-68.

[14] McGee, G. R., Schankula, M. H., and Yovanovich, M. M.,
Thermal Resistance of Cylinder-Flat Contacts:
Theoretical Analysis and Experimental Verification of a
Line-Contact Model, Nuclear Engineering and Design,
Vol. 86, No. 3, 1985, pp. 369-381.

[15] Asif, M., Tariq, A., Correlations of Thermal Contact
Conductance for Nominally Flat Metallic Contact in
Vacuum, Experimental Heat Transfer, A Journal of

© 2019 IAU, Majlesi Branch

Springer-Verlag, Berlin, 1994, pp. 348.
Conduction: Ill Posed Problems, Wiley, New York, 1985,
pp. 308.
Thermal Contact Analysis Using Identification Method,
Heat Transfer Engineering, Vol. 29, No. 1, 2011, pp. 8596.

[28] Kartalopoulos, S. V., Understanding Neural Networks and
Fuzzy Logic-Basic Concepts and Applications, IEEE
Neural Networks Council, Prentice Hall, New-Delhi,
2000.

[29] Kondo, T., Ueno, J., Multi-Layered GMDH-Type Neural
Network Self-Selecting Optimum Neural Network
Architecture and Its Application to 3-Dimensional
Medical Image Recognition of Blood Vessels,
International Journal of Innovative Computing,
Information and Control, Vol. 4, No.1, 2008, pp.175-187.

Int J Advanced Design and Manufacturing Technology, Vol. 12/ No. 2/ June – 2019

101

[30] Kondo, T., Ueno, J., Logistic GMDH-Type Neural

[38] Ahmadi, M. H., Ahmadi, M. A., Mehrpooya, M., and

Network and Its Application to Identification of X-Ray
Film Characteristic Curve, Journal of Advanced
Computational Intelligence an Intelligent Informatics,
Vol. 11, No. 3, 2007, pp. 312-318.

Rosen, M. A., Using GMDH Neural Networks to Model
the Power and Torque of a Stirling Engine, Sustainability,
The 4th World Sustainability Forum, 2015, pp. 22432255, doi: 10.3390/su7022243.

[31] Kondo, T., GMDH Neural Network Algorithm Using the

[39] Bagheri, A., Nariman-Zadeh, N., Siavash, A. S., and

Heuristic Self-Organization Method and its Application to
the Pattern Identification Problem, Proc. of the 37th SICE
Annual Conference, Vol. 23, No. 6, 1998, pp.1143-1148.

Khoobkar, A. R., GMDH Type Neural Networks and
Their Application to the Identification of the Inverse
Kinematic Equations of Robotic Manipulators,
International Journal of Engineering, Vol. 18, No. 2, 2005,
pp. 135-143.

[32] Farlow, S. J., Self-Organizing Methods in Modeling,
GMDH-Type Algorithm, New York: Marcel Dekker Inc,
1984.

[33] Ivakhnenko, A. G., Heuristic Self-Organization in
Problems of Engineering Cybernetics, Automatica, Vol. 6,
No.2, 1970, pp. 207-219.

[34] Kondo, T., Pandya, A. S., and Zurada, J. M., GMDH-Type
Neural Networks with a Feedback Loop and Their
Application to Nonlinear System Identification, Smart
Engineering System: Neural Networks, Fuzzy Logic,
Evolutionary Programing, Data Mining, and Rough Sets,
ASME Press, Vol. 5, No. 9, 1999, pp.117-124.

[35] Dolenko, S. A., Orlov, Y. V., and Persiantsev, I. G.,
Practical Implementation and Use of Group Method of
Data Handling (GMDH): Prospects and Problems,
Proceedings of the ACEDC’96, University of Plymouth,
UK, 1996.

[36] Ivakhnenko, A. G., Polynomial Theory of Complex
Systems, IEEE Transaction on System, Man and
Cybernetics, Vol. 1, No. 3, 1971, pp. 364–378.

[37] Nariman-Zadeh, N., Darvizeh, A., Darvizeh, M., and
Gharababaei, H., Modelling of Explosive Cutting Process
of Plates Using GMDH-Type Neural Network and
Singular Value Decomposition, Journal of Materials
Processing Technology, Vol. 5, No. 128, 2002, pp. 80–87.

[40] Iba, H., DeGaris, H., and Sato, T., A Numerical Approach
to Genetic Programming for System Identification,
Evolutionary Computation, Vol. 3, No. 4, 1996, pp. 417–
452.

[41] Sanchez, G., Frausto-Solis, A., Ojeda-Bustamante, J.,
Attribute Selection Impact on Linear and Nonlinear
Regression Models for Crop Yield Prediction, The
Scientific World Journal, Vol. 13, No. 6, 2014, pp. 1-10.
doi:10.1155/2014/509429.

[42] Elçiçek, H., Akdoğan, E., and Karagöz, S., The Use of
Artificial Neural Network for Prediction of Dissolution
Kinetics, Science World Journal, Vol. 4, No. 3, 2014, pp.
1-9, doi:10.1155/2014/194874.

[43] Jang, J. S. R., Sun, C. T., Functional Equivalence Between
Radial Basis Function Networks and Fuzzy Inference
Systems, IEEE Transactions on Neural Networks, Vol. 4,
No. 1, 1999, pp. 156–159.

[44] Brown, M., Harris, C., Neuro-Fuzzy Adaptive Modeling
and Control, New York: Prentice-Hall, 1994.

[45] Mu-Yen Chen., A Hybrid ANFIS Model for Business
Failure Prediction Utilizing Particle Swarm Optimization
and Subtractive Clustering, Information Sciences, Vol. 22,
No. 3, 2013, pp. 180–195.

© 2019 IAU, Majlesi Branch

